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Abstract

This work proposes a geometric origin for mass and the emergence of the third
spatial dimension through the extreme curvature of a two-dimensional (2D) manifold.
This framework introduces a novel formula relating mass to curvature via fundamen-
tal physical constants, unifying quantum and gravitational descriptions at the Planck
scale. The resulting equation m = h/(cR?) successfully reproduces known particle
masses, such as the Planck mass and the electron mass, when evaluated at appropriate
curvature radii. Notably, we show that the Planck length £p arises as the critical radius
at which curvature-induced energy density reaches a gravitational limit, necessitating
the emergence of the third dimension. This provides a natural bridge between quan-
tum mechanics and gravity, and supports the notion that mass arises from localized
curvature.

1 Introduction

The unification of quantum mechanics and gravity remains one of the most profound chal-
lenges in modern physics. While general relativity describes gravity as the curvature of
spacetime caused by mass-energy, quantum mechanics treats mass as an intrinsic property
of particles, often attributed to interactions with the Higgs field. In this work, the hypothesis
that mass itself originates from geometry is explored — specifically, from the curvature of a
2D manifold that gives rise to the third spatial dimension.

2 Motivation and Background

The idea of gravity and mass emerging from more fundamental principles is not new.
Sakharov proposed induced gravity, where spacetime elasticity gives rise to Einstein’s equa-
tions [1]. In holographic theories such as AdS/CFT, bulk gravity emerges from boundary
field theory [2]. Here, a different approach was taken: It is suggested that curvature in a 2D
manifold induces not only mass but also the emergence of the third dimension.



3 Theoretical Framework

Consider a 2D Riemannian manifold with Gaussian curvature K. Let R denote the charac-
teristic radius of curvature such that K ~ 1/R2. The energy associated with this curvature
is postulated to be given by:

he
E ~ hCK = ﬁ’ (1)
and invoking mass-energy equivalence £ = mc?, we obtain:
h
= —, 2
m= (2)

This equation links mass m directly to curvature radius R, Planck’s constant A, and the
speed of light c. It implies that as curvature increases (R — 0), the emergent mass increases.

This formula is dimensionally consistent and can be seen as a natural outcome of associ-
ating energy with geometric curvature. One can also interpret it in analogy with Casimir-like
vacuum energy densities or curvature-induced stress tensors in quantum field theory. Addi-
tionally, the equation suggests that tighter curvature correlates with higher localized energy
and mass, a concept reflected in string theory where vibrational modes of strings on curved
surfaces generate particle masses.

To solidify the theoretical foundation, we propose an effective geometric action for the
2D manifold:

S = / (aK + BK?) dA, (3)

where a and 3 are constants and K is the Gaussian curvature. Varying this action may
lead to soliton-like solutions or localized energy concentrations that correspond to emergent
mass.

Further, embedding the 2D surface in a 3D bulk allows us to consider extrinsic curvature,
linking to frameworks such as Nash’s embedding theorem and the Gauss—Codazzi equations,
where curvature in lower dimensions implies geometrical necessity for higher-dimensional
structure.

Finally, one can consider mass quantization emerging from topological invariants of the
2D surface, suggesting connections to loop quantum gravity and topological quantum field
theory. These pathways point toward deeper geometric and quantum structures underlying
what we perceive as mass and dimensionality.

Derivation of the Planck Limit from 2D Curvature

We now demonstrate how the Planck length ¢p arises naturally as the critical radius of
curvature in the 2D scenario, using only quantum mechanical principles. From Equation (2)),
the energy associated with a curvature radius R is:

he
E=mc = = (4)
The energy density on a 2D surface of area A ~ R? is therefore:
E ke

2



To find the curvature limit where quantum effects meet gravitational effects, we equate

this to the Planck energy density:
7

c
PP = e (6)
Setting €(R) = pp yields:
he c’ . RGP hG
R4:hG2 = R = led = R= 3 =lp. (7)

Thus, the Planck length emerges as the radius of curvature at which energy density in a
2D manifold reaches a quantum-gravitational threshold. This implies that below ¢p, a purely
2D description breaks down, and a new dimension must emerge to stabilize the system —
exactly as proposed in this model. This geometric transition therefore provides a natural
interpretation of the Planck scale as the limit of consistency between quantum theory and
gravity.

4 Consistency with Known Physics

Equation (2)) reproduces the Planck mass when R = (p, the Planck length:

I hG [ he
lp = 0_3’ mp = E (8)

Substituting R = {p into Equation ([2]), we find:

h he
m=— =\ — = mp. (9)
cl%, G

These are the standard definitions of Planck length and Planck mass [3].
The model also yields correct orders of magnitude for particle masses. For the electron
(mass m, ~ 9.109 x 1073! kg), solving for R gives:

R, = ~ 3.86 x 107 m, (10)

cme

which matches the electron Compton wavelength [4].

5 Visualization

Figure [If shows the relationship between curvature radius R and mass m on a log-log scale,
highlighting known particles such as the Planck mass, electron, proton, and top quark.



Relationship Between Curvature, Mass, and Emergent Dimension
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Figure 1: Log-log plot of mass vs. curvature radius using m = h/(cR?). Known particle
masses correspond to expected curvature radii.
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Implications and Future Directions

framework provides a number of promising implications:

Geometric Mass Origin: Mass is not a fundamental input but an emergent property
arising from curvature in 2D space.

Dimensional Emergence: The third spatial dimension emerges from extreme bend-
ing or warping of a 2D manifold, consistent with ideas in embedding theorems and
braneworld scenarios.

Curvature-Driven Gravity: Gravity may be interpreted as the residual interaction
resulting from the emergence of mass and dimensionality, linking it more deeply to the
geometry of space.

Natural Quantization: Mass quantization might arise from topological invariants or
soliton-like curvature configurations in the 2D surface.

Planck-Scale Unification: The model connects naturally with Planck units and may
offer an effective theory approaching quantum gravity without requiring background-
dependent assumptions.

Critical Curvature Threshold: The Planck length emerges as the critical radius at
which 2D curvature becomes unstable, supporting the geometric transition to 3D and
reinforcing the unification of quantum and gravitational phenomena.

Future research should aim to:



e Derive the full dynamics from a curvature-based action principle, potentially extending
to include extrinsic curvature terms.

e Explore embeddings into higher-dimensional spacetimes, and compare predictions to
those of holography and string theory.

e Test the model’s implications for the Standard Model mass spectrum and determine
whether known particle masses fit naturally within a quantized curvature framework.

e Examine connections to loop quantum gravity, topological field theories, and emergent
spacetime scenarios.

e Investigate whether this curvature-induced mass mechanism could inform cosmological
inflation or the early universe phase transitions.

7 Conclusion

This work has presented a novel proposal in which mass and an additional spatial dimension
emerge from the curvature of a 2D manifold. A key result is the derivation of the Planck
length as the critical radius at which curvature-induced energy density in a 2D surface
reaches the quantum-gravitational limit, necessitating the emergence of 3D space. The
resulting formula aligns with known particle properties and provides a compelling geometric
interpretation of mass and dimensionality. This approach offers a promising pathway toward
unifying quantum mechanics with gravitational geometry and a deeper understanding of the
structure of the universe.
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